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Introduction
Compactness is one of the oldest and the most famous notions in mathematical analysis and especially in topology. A partial generalization is   , a b -compactness [1] [2] [3] [4] [5] [6] [7] [8] . This has been shaped to property   
  b a  cf
In this paper we are going to prove directly something stronger, which we will need the following definitions: Definition 1. The compactness number
 
Cn X of a space X is the least cardinal such that every open cover of k X has a subcover of cardinality less than . k 
We study the following three cases:
the first singular cardinal greater than , with the property that has no subcover with cardinality less than .
Then at least one 
 , and let
. Then * has a subcover * V with
and 
